In this paper, we investigated the natural lifts and curvatures of the spherical indicatries of the evolute in E 3 . Firstly, it is shown that the Darboux vektor of evolute curve and binormal vektor of the evolute curve are linearly dependent, secondly the relations among the geodesic curvatures and arc-lengths with respect to E 3 and S 2 of the fixed pole curve (C * ) and the spherical indicartix curves (T * ), (N * ), (B * ) generated by the unit vektor (C * ) on S 2 have been obtained and finally, the condition being the natural lifts of the spherical indicatrix of the evolute curve (α * ) are an integral curve of geodesic spray has expressed.
Introduction and Preliminary notes
We now review some basic concepts on classical differantial geometry of space curves and surfaces in three dimensional Euclidean space 
α(s) du
We say that a curve α is parametrical by the arc-length if it satisfies α (s) = 1. Throughout this paper we denote the arc-length of space curves. Let us denote T (s) = α (s) and we call a unit tangent vector of α at s . We 
T (s) = κ(s)N(s) N (s) = −κ(s)T (s) + τ (s)B(s) B (s) = −τ (s)N (s)
where τ (s) is the torsion of the curve α.For any unit speed curve α : I → E 3 , the vector W is called Darboux vector defined by
If we consider the normalization of the Darboux C = 1 W W , we have
where (W, B) = φ .
Furtermore, a curve α : I → E 3 with κ(s) = 0 is called a cylindrical helix if the tangent line of α makes a constant angle with a fixed direction. It has been known that the curve α(s) is a cylindrical helix if and only if
If both of κ(s) = 0 and τ (s) are constant, it is, of course,cylindrical helix. We call it a circular helix. Let M be a surface in E 3 and the curve α : I → M be an unit speed.Then, the curve α : I → M is called an integral curve of the vector field X if
The curve α :
where D is affine connection on M. Accordingly, for all V ∈ T M the vector field X is called geodesic spray on T M defined by [1] ,
Then, the equation as know Gauss equation is
where
Here D become a covariant derivative operator sense of Gauss of a Riemannian connection on M. Let T be the unit tangent vector of the curve α on M. The curve α is called a geodesic curve in E 3 satisfied by
Similarly, the curve α is called a geodesic curve in M satisfied by
Then, we know that the geodesic curvature of t9he curve α on M defined by
where T is the unit tangent vector of the curve α on M. The geodesic curvature of the curve α on M at P ∈ M is the vector projection of the curvature vector k of α at P onto the tangent plane T M (P ) .Similarly, the geodesic curvature of the curve α in E 3 defined by
Let us consider the Frenet frame {T, N, B} and the vector C. Accordingly, the arc-lengths and the geodesic curvatures of the spherical indicatrix curves (T ), (N) and (B) with the fixed pole curve (C) with respect to E 3 , respectively, generated by the vectors T, N and B with the vector C on S 2 are as follows:
Similarly, the geodesic curvatures of the geodesic curvatures of the spherical indicatrix curves (T ), (N ) and (B) with the fixed pole curve (C) with respect to S 2 , respectively, generated by the vectors T, N and B with the vector C on S 2 are as follows:
[4] thus we can give the following theorem: Result of this theorem, the following corollaries can be given. 
Additionally,the relation between curvatures and the torsions are:
where (α 
ϕ = τ and normalizing we obtain 
Now let us compute the geodesic curvatures of spherical indicatrix curves (T * ), (N * ) and (B * ) with the fixed pole curve (C * ) with the respect to E 3 : For the geodesic curvature k T * of the tangents indicatrix curve (T * ) of the evolute curve α * we can write
with the respect to s T * and normalizing we obtain
Similarly, we have
Then the following corollary can be given. 
Now let us compute the geodesic curvatures of the spherical indicatrix curves (T * ), (N * ) and (B * ) with the fixed pole curve (C * ) with the respect to
For the geodesic curvature γ T * of the tangents indicatrix curve (T * ) of the evolute curve α * we can write
By (4), (8) and (17) we obtain
If the curve T * is an integral curve of the geodesic spray then D T T * T T * = 0. Thus sin(ϕ + c) = 0. So, we can give the following corollary. For the geodesic curvature γ N * of the principal normals indicatrix curve (N * ) of the evolute curve α * with respect to S 2 we can write
By direct calculation, the vector D T N * T N * is obtain as
If the curve N * is an integral curve of the geodesic spray then D T N * T N * = 0. From here, we get τ = 0 and κ = 0. So, we can give the following corollary. 
Corollary 2.10
If the curve B * is an integral curve of the geodesic spray then D T B * T B * = 0. Thus cos(ϕ + c) = 0. So, we can give the following corollary. For the geodesic curvature γ C * of the fixed pole curve (C * ) of the evolute curve α * with respect to S 2 we can write
By direct calculation, the vector D T C * T C * is obtain as
If the curve C * is an integral curve of the geodesic spray then D T C * T C * = 0. From here, we get κ = 0 and τ = 0 . So, we can give the following corollary. 
